


PHYSICAL REVIEW C 109, 065202 (2024)

Systematic study of flow vector fluctuations in
√

sNN = 5.02 TeV Pb-Pb collisions
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Measurements of the pT-dependent flow vector fluctuations in Pb–Pb collisions at
√

sNN = 5.02 TeV using
azimuthal correlations with the ALICE experiment at the Large Hadron Collider are presented. A four-particle
correlation approach [ALICE Collaboration, Phys. Rev. C 107, L051901 (2023)] is used to quantify the effects
of flow angle and magnitude fluctuations separately. This paper extends previous studies to additional centrality
intervals and provides measurements of the pT-dependent flow vector fluctuations at

√
sNN = 5.02 TeV with

two-particle correlations. Significant pT-dependent fluctuations of the �V2 flow vector in Pb–Pb collisions are
found across different centrality ranges, with the largest fluctuations of up to ∼15% being present in the 5%
most central collisions. In parallel, no evidence of significant pT-dependent fluctuations of �V3 or �V4 is found.
Additionally, evidence of flow angle and magnitude fluctuations is observed with more than 5σ significance in
central collisions. These observations in Pb–Pb collisions indicate where the classical picture of hydrodynamic
modeling with a common symmetry plane breaks down. This has implications for hard probes at high pT, which
might be biased by pT-dependent flow angle fluctuations of at least 23% in central collisions. Given the presented
results, existing theoretical models should be reexamined to improve our understanding of initial conditions,
quark–gluon plasma properties, and the dynamic evolution of the created system.

DOI: 10.1103/PhysRevC.109.065202

I. INTRODUCTION

Studies of ultrarelativistic heavy-ion collisions at the Rel-
ativistic Heavy Ion Collider (RHIC) and the Large Hadron
Collider (LHC) have demonstrated the formation of a strongly
interacting matter called quark–gluon plasma (QGP) [1–7].
The space–time evolution of the QGP is well described by
relativistic viscous hydrodynamic models [8,9]. An observ-
able consequence of the QGP creation in these collisions is the
anisotropic flow in the plane transverse to the beam direction
[10–16]. This anisotropy can be quantified by the Fourier
decomposition of the distribution of the azimuthal angle of the
final-state particles relative to the common symmetry planes
[17],

d3N

d pTdηdϕ
= d2N

2πd pTdη

×
(

1+ 2
∞

∑

n=1

vn(pT, η) cos[n(ϕ − �n(pT, η))]

)

,

(1)
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where ϕ is the azimuthal angle of the emitted particles. The
vn(pT, η) and �n(pT, η) are the magnitude and orientation
of the nth-order flow vector �Vn(pT, η) = vn(pT, η)ein�n (pT,η),
respectively, which may depend on the transverse momentum
(pT) and the pseudorapidity (η) of the particles. This flow
vector is affected by the initial collision geometry, which is
dominated by the shape of the overlap region in the transverse
plane between the colliding nuclei [18]. The initial anisotropy,
the magnitude and orientation of which is quantified by the
eccentricities ǫn and corresponding participant planes �n

[19–21], respectively, is converted into final-state momentum
anisotropy by the interactions among the constituents of the
QGP. For a uniform nuclear matter distribution in the ini-
tial state, the various symmetry plane angles, �n, coincide
with the reaction plane defined by the impact parameter and
beam direction for n � 1 [17]. However, due to event-by-
event fluctuations of the position of the nucleons inside the
nuclei and of the partonic constituents inside the nucleon,
the symmetry plane angles, �n, fluctuate around the reac-
tion plane, leading to nonzero odd flow coefficients [19,22–
24]. Nonzero and large values of flow coefficients have been
observed at both RHIC [4–7] and the LHC [14–16,25–32].
The flow coefficients vn and their event-by-event fluctuations
serve as excellent probes for constraining the initial state of
heavy-ion collisions and for quantifying some of the QGP
properties, such as the transport coefficients [18,23,33–39].

The anisotropic flow coefficients can be measured in a pT-
differential way by assuming that the two-particle correlation
factorizes into a product of two single-particle flow coeffi-
cients, each a function of the properties of only one of the
particles. Keeping the terminology from dihadron correlation
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measurements of Vn	 [40–43], one particle is denoted as the
associated (a) and the other particle is denoted the trigger
(t). The associated and trigger particles are chosen from a
variable and fixed pT range, denoted pa

T and pt
T, respectively.

Factorization of the two-particle correlation Vn	 between the
trigger and associated particles can be described as

Vn	

(

pa
T, pt

T

)

= vn

(

pa
T

)

vn

(

pt
T

)

, (2)

where the vn(pa
T) and vn(pt

T) are the flow coefficients for the
associated and trigger particles with transverse momenta pa

T
and pt

T, respectively. The factorization breaks down in hydro-
dynamic calculations due to the event-by-event fluctuations of
the initial energy density of the heavy-ion collision [44,45].
The breakdown of factorization has been observed at the LHC
in Pb–Pb collisions at

√
sNN = 2.76 TeV and p–Pb collisions

at
√

sNN = 5.02 TeV [41,46,47]. This breakdown is directly
related to the flow vector fluctuations in different kinematic
regions. The flow vector may fluctuate as a function of pT in
both magnitude and angle [19,21]. As such, the flow angle,
�n(pT), will “wander” around the common symmetry plane
angle �n [44]. This, in turn, implies that the pT-integrated
flow magnitude, vn, should be interpreted as the flow of parti-
cles with respect to an integrated symmetry plane determined
with particles from a specific and typically wide pT range.
The pT-dependent flow angles also contribute to breaking the
factorization in Eq. (2), as the equality in Eq. (2) assumes a
single common symmetry plane angle for all particles in an
event.

The pT-dependent flow fluctuations can be probed with the
principal component analysis (PCA) [48–52], which can iso-
late subleading flow modes. The PCA has been successfully
used to measure the event-by-event flow fluctuations [53] and
the factorization breaking of two-particle correlations Vn	 as a
function of both pT and pseudorapidity η [54]. The decorrela-
tion effects measured in η provide insight into the longitudinal
hydrodynamic evolution of the system created in heavy-ion
collisions and go beyond the assumption of a boost-invariant
system used in many theoretical models [47,55]. However,
measurements with the PCA technique have yet to isolate the
flow angle and flow magnitude fluctuations. In this paper the
flow vector fluctuations are integrated over pseudorapidity and
are only studied as a function of pT.

The usual way of measuring the flow vector fluctuations
is with observables constructed from two-particle correlations
[44,45]. Such measurements have shown significant flow vec-
tor fluctuations in central Pb–Pb collisions [46,47]. However,
such measurements do not allow quantifying the individual
contributions of the flow angle and magnitude fluctuations
to the total flow vector fluctuations. Hydrodynamic models
have predicted that the fluctuations of �n constitute more than
half of the overall flow vector fluctuations [44]. Observables
constructed from four-particle correlations are necessary to
cancel out contributions from the flow angle or magnitude.
Such observables were first presented in Ref. [56] in selected
centrality intervals and revealed significant flow angle and
magnitude fluctuations in central Pb–Pb collisions. In this
paper the study in Ref. [56] is extended to additional centrality
intervals, and measurements of flow vector fluctuations with

two-particle correlations at a collision energy of
√

sNN = 5.02
TeV are also presented.

The paper is structured as follows: Section II describes
the method used to calculate the observables, while the ex-
periment and data are described in Sec. III. The treatment of
statistical and systematic uncertainties is covered in Sec. IV,
and the results are presented in Sec. V. Finally, a summary is
given in Sec. VI.

II. METHOD

The m-particle correlations are calculated with the generic
framework [57], an algorithm that calculates multiparticle
azimuthal correlations corrected for nonuniform azimuthal
detector acceptance and nonuniform detector efficiency. The
flow coefficients are defined from the Fourier expansion in
Eq. (1),

〈vn〉 = 〈〈cos n(ϕ − �n)〉〉, (3)

where the single set of brackets, 〈〉, denotes an average over
events, while the double set of brackets, 〈〈〉〉, denotes an
average over both particles and events. The flow angles, �n,
cannot be measured experimentally event-by-event, so the
root-mean-square of the flow coefficients are calculated with
two-particle correlations [58],

〈

v
2
n

〉

= 〈〈cos n(ϕ1 − ϕ2)〉〉. (4)

The pT dependence of the flow coefficient is usually studied
with the differential flow coefficient vn{2}(pT) [58]:

vn{2}(pT) =
〈〈

cos
[

n
(

ϕPOI
1 − ϕ2

)]〉〉

√〈〈cos[n(ϕ1 − ϕ2)]〉〉

= 〈vn(pT) vn cos[n(�n(pT) − �n)]〉
√

〈

v
2
n

〉

. (5)

The ϕPOI and ϕ refer to the azimuthal angles of the particles
of interest (POI) and reference flow particles. The pT refers to
the pT of the POIs selected from narrow pT ranges. The ref-
erence flow particles are chosen from a wide kinematic range,
which should ideally be limited to a region dominated by
collective behavior. The �n(pT) represents the pT-differential
symmetry plane angles at a specific pT range, which might
fluctuate around the reference symmetry plane angles �n. The
effect of the difference between �n(pT) and �n, due to pT-
dependent flow angle fluctuations, is quantified by the cosine
term 〈cos[n(�n(pT) − �n)]〉. The effects of the pT-dependent
flow coefficient fluctuations are observed when the factoriza-
tion hypothesis is broken:

〈vn(pT)vn〉 	=
√

〈vn(pT)2〉
√

〈

v
2
n

〉

. (6)

Aside from the effects of the pT-dependent fluctuations of the
flow angle and the flow magnitude, vn{2} also has contribu-
tions from nonflow sources such as jets or resonance decays.
Such sources provide a flow signal but are not associated
with bulk particle production or correlated with the symmetry
plane angles �n.
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To account for these effects, another two-particle correla-
tion was proposed in Ref. [44],

vn[2](pT) =
√

〈〈

cos
[

n
(

ϕPOI
1 − ϕPOI

2

)]〉〉

=
√

〈vn(pT)2〉, (7)

that is not affected by fluctuations in the flow angle or flow
coefficient, and it is less affected by nonflow effects than
vn{2}. The difference between vn{2} and vn[2] is that the
former takes the reference flow from a wide kinematic range
and the POIs from a small pT interval, and the latter takes
two POIs from the same narrow pT range. Since vn[2] is not
affected by the flow angle and flow magnitude fluctuations,
the pT-dependent flow vector fluctuations can be probed by
taking the ratio of vn{2} and vn[2]:

vn{2}
vn[2]

= 〈vn(pT) vn cos n[�n(pT) − �n]〉
√

〈vn(pT)2〉
√

〈

v
2
n

〉

. (8)

If the ratio vn{2}/vn[2] is smaller than unity, it indicates the
presence of pT-dependent flow vector fluctuations.

Another way to study flow vector fluctuations is to examine
the factorization of two-particle correlations from different
transverse momentum regions. Factorization of two-particle
correlations was observed to hold in some kinematical ranges
in Refs. [29,31,41,59] but is shown not to hold in general in
Ref. [45]. The factorization can be tested with the factoriza-
tion ratio rn [45]:

rn = Vn	

(

pa
T, pt

T

)

√

Vn	

(

pa
T, pa

T

)

Vn	

(

pt
T, pt

T

)

=
〈

vn

(

pa
T

)

vn

(

pt
T

)

cos
[

n
(

�n

(

pa
T

)

− �n

(

pt
T

)]〉

√

〈

v
2
n

(

pa
T

)〉〈

v
2
n

(

pt
T

)〉

, (9)

which is a particular case of the ratio shown in Eq. (8),
obtained by taking particles from two different narrow pT

ranges. Most known sources of nonflow do not factorize at
low pT [60], so rn = 1 does not always hold. In a system
dominated by flow, with no or negligible nonflow effects, rn

is smaller than or equal to unity due to the Cauchy-Schwarz
inequality [45]. The factorization holds when rn equals unity,
while rn smaller than unity indicates the presence of pT-
dependent flow vector fluctuations. If the triggered particles
are selected from a wide kinematic range (making them equiv-
alent to the reference particles), then rn becomes identical
to vn{2}/vn[2]. In general, however, rn provides information
about the structure of the two-particle correlations for trig-
gered and associated particles, probing the fluctuations of the
flow vector at pa

T and pt
T. In contrast, the ratio vn{2}/vn[2]

includes the pT-integrated information and probes the pT-
differential flow vector with respect to the pT-integrated flow
vector.

The ratio vn{2}/vn[2] and the factorization ratio rn carry
information about the flow angle and magnitude fluctuations
but cannot isolate both contributions. Thus, it is desirable to
separate these two effects to quantify the contributions from
each source.

The flow angle fluctuations are studied with the observable
Af

n, which aims to isolate the pT-dependent fluctuations of the
flow angle [56],

Af
n =

〈〈

cos
[

n
(

ϕPOI
1 + ϕPOI

2 − ϕ3 − ϕ4
)]〉〉

〈〈

cos
[

n
(

ϕPOI
1 + ϕ2 − ϕPOI

3 − ϕ4
)]〉〉

=
〈

vn(pT)2
v

2
n cos 2n[�n(pT) − �n]

〉

〈

vn(pT)2
v

2
n

〉

≃ 〈cos 2n[�n(pT) − �n]〉w, (10)

where the third equality holds if the nonflow contribution is
approximately the same for the numerator and denominator.
The w subscript denotes that Af

n is a weighted average with
each event having a weight of v

4
n [61]. If the flow angle fluctu-

ates as a function of pT, then Af
n will be smaller than unity. If

there are no pT-dependent fluctuations of the flow angle, then
Af

n is equal to unity. The Af
n corresponds to the cosine term

in Eq. (8) but with twice the angle. Only a lower limit of the
single-flow-angle fluctuations, 〈cos n[�n(pT) − �n)]〉, can be
obtained with the trigonometric double-angle formula due to
the event averaging

√

Af
n + 1

2
≃

√

〈cos2 n[�n(pT) − �n]〉

� 〈cos n[�n(pT) − �n]〉. (11)

It is also possible to probe the upper limit on the two-particle
flow magnitude fluctuations since it must correspond to the
remaining fluctuations of the flow vector. The ratio with
vn{2}/vn[2] quantifies the upper limit of the first-moment flow
magnitude fluctuations, since

vn{2}/vn[2]
√

〈

cos2 n
[

�n

(

pa
T

)

− �n

]〉

�
vn{2}/vn[2]

〈

cos n
[

�n

(

pa
T

)

− �n

]〉

= 〈vn(pT) vn cos n[�n(pT) − �n]〉
√

〈vn(pT)2〉
√

〈

v
2
n

〉

〈cos n[�n(pT) − �n]〉

≈ 〈vn(pT) vn〉
√

〈vn(pT)2〉
√

〈

v
2
n

〉

. (12)

The above equation provides an upper limit on the
first-moment flow magnitude fluctuations, but an exact mea-
surement of the second-moment flow magnitude fluctuations
can be obtained by taking the ratio of the four-particle corre-
lations with opposite signs on the azimuthal angle belonging
to particles from the same kinematic region:

〈

cos n
(

ϕPOI
1 + ϕ2 − ϕPOI

3 − ϕ4
)〉

〈

cos n
(

ϕPOI
1 − ϕPOI

3

)〉

〈cos n(ϕ2 − ϕ4)〉 =
〈

v
2
n (pT)v2

n

〉

〈

v
2
n (pT)

〉〈

v
2
n

〉 .

(13)

Considering the pT-integrated 〈v4
n〉/〈v2

n〉2 as the baseline,
deviations from such a baseline indicate the presence of pT-
dependent flow magnitude fluctuations. The expression in
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Eq. (13) is therefore normalized with the baseline to obtain
a double ratio correlator Mf

n for measuring the pT-dependent
flow magnitude fluctuations:

Mf
n =

〈

v
2
n (pT)v2

n

〉/〈

v
2
n (pT)

〉〈

v
2
n

〉

〈

v
4
n

〉/〈

v
2
n

〉2 . (14)

Together, these observables, Af
n and Mf

n, allow us to probe the
flow angle and magnitude fluctuations separately and provide
a quantification of both of them. Additionally, the limits ex-
tracted with the trigonometric formula are comparable with
the previous methods of measuring pT-dependent flow vector
fluctuations [46].

III. EXPERIMENTAL SETUP AND DATA SAMPLE

ALICE [62] is a dedicated heavy-ion experiment at the
LHC. One of its focuses is the study of the properties of
the QGP. The central barrel of the ALICE detector is en-
cased in a large solenoid magnet. The inner tracking system
(ITS) [63] is the innermost detector in the ALICE experi-
ment. Its primary function is to localize the primary vertex
with a resolution better than 100 μm, to reconstruct sec-
ondary vertices, and to track and identify low-momentum
particles (pT <200 MeV/c). It also improves momentum
and angle resolution for particles reconstructed by the time
projection chamber (TPC) [64]. The TPC is the primary track-
ing detector in ALICE. It is optimized for high-resolution
charged-particle momentum measurements ranging from sev-
eral hundred MeV/c up to 100 GeV/c. In the TPC, a
pseudorapidity coverage of |η| < 0.8 ensures maximal cover-
age without loss of efficiency at the TPC edges. Additionally,
the TPC has full 2π coverage in the azimuthal direction. The
V0 system [65] consists of two arrays, V0A and V0C, which
cover the pseudorapidity ranges of 2.8 < η < 5.1 and −3.7 <

η < −1.7, respectively. It is designed to provide triggers for
the experiment and to separate beam-beam interactions from
the background, such as beam-gas interactions. It is also used
to measure charged-particle multiplicity in the forward region,
which is used to determine the centrality of nucleus-nucleus
collisions [66].

The events are selected according to a minimum bias trig-
ger criterion which requires at least two of the following
[65]: (1) hits in the silicon pixel detector of the ITS, (2) a
signal in V0A, and (3) a signal in the V0C, as well as a
reconstructed primary vertex within ±10 cm of the nominal
interaction point along the beam axis. The centrality of the
events is determined by the sum of V0 signal amplitude in
the scintillator arrays V0A and V0C [66]. Pileup events refer
to events that are contaminated by one or more out-of-bunch
or in-bunch collisions occurring within the readout time of the
TPC. Such contaminated events cannot be accurately assigned
to a proper centrality interval. Pileup events are therefore
rejected based either on the presence of multiple reconstructed
vertices or on the correlations between the number of tracks
measured in the TPC and the number of tracks reconstructed
with relatively fast detectors such as the ITS and time-of-flight
(TOF) [67]. This effect is most significant in central collisions
due to the large multiplicity of the pileup events. In this paper,

54M Pb–Pb collisions at
√

sNN = 5.02 TeV measured in the
2015 data-taking period at the LHC pass the event selection
criteria. Charged tracks are reconstructed using the ITS and
the TPC. Tracks are selected with at least 70 TPC space points
out of a maximum of 159 possible points and a χ2 per degree
of freedom of the track fit to TPC space points less than 4.
Tracks are required to have at least one hit in the silixon
pixel detector (SPD). Additionally, tracks must have a dis-
tance of closest approach (DCA) to the primary vertex of less
than 2 cm in the longitudinal direction and a pT-dependent
selection in the transverse direction ranging from 0.2 cm at
0.2 GeV/c to 0.016 cm at 5 GeV/c. Finally, the charged tracks
are taken from the kinematic range of |η| < 0.8, and the
tracks used for reference particles are also within 0.2 < pref

T <

5.0 GeV/c. The pT range is selected to extend beyond the
upper bound of validity for hydrodynamics (∼3 GeV/c) as the
flow angle and magnitude fluctuations may increase beyond
this regime. Nonflow correlations are suppressed by requir-
ing a pseudorapidity gap, |	η|, greater than or equal to 0.8
between particles in the calculation of the flow coefficients
with two-particle correlations, and a subevent method with no
pseudorapidity gap is used in the calculation of four-particle
correlations.

IV. STATISTICAL AND SYSTEMATIC UNCERTAINTIES

The statistical uncertainties of the measurements are es-
timated with the bootstrap method of random sampling with
replacement [68]. Ten similarly sized subsamples are sampled
uniformly from the entire event ensemble. From these ten
subsamples, 1000 generated event samples are constructed
by randomly selecting ten subsamples from the original ten
subsamples with replacement, i.e., the same subsample can
be selected multiple times. For each of the 1000 generated
event ensembles, the observables are calculated as a weighted
average, providing a distribution for each observable. The
statistical uncertainty is then estimated from the variance of
the distribution for a given observable, which should approach
the actual distribution given a large enough sampling.

The systematic uncertainties of the measurements are eval-
uated by varying the event and track selection criteria and are
shown in Table I. The systematic uncertainties related to the
event selection are investigated by repeating the analysis using
different detectors for the centrality determination, changing
the selection on the position of the primary vertex along the
beam direction |Vz|, testing different magnetic field polarities,
and testing different pileup selections. The systematic uncer-
tainty associated with the centrality determination (Cent. est.)
is estimated by conducting the full analysis with the SPD as
an alternative centrality estimator. It is negligible for most
observables but contributes up to 2.4% for r3. The systematic
uncertainty related to different primary vertex position criteria
(|Vz|) is studied by changing the criterion from |Vz| < 10 cm to
|Vz| < 7 cm, 8 cm, and 9 cm and is found to contribute at most
up to 0.6% for r3. The effects of the magnetic field polarity
(Mag. Field) are tested by analyzing datasets with different
magnetic configurations and yield a systematic uncertainty
ranging from negligible and up to 2.4% for v4{2}/v4[2]. The
systematic effect of pileup is estimated by changing the pileup
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TABLE I. Systematic uncertainties estimated from variations of event and track selection criteria. The uncertainties may vary with
centrality and are, in those cases, given as a lower and upper bounds. Systematic uncertainties that are not statistically significant are listed as
N/S. See text for details.

v2{2}/v2[2] v3{2}/v3[2] v4{2}/v4[2] r2 r3 Af
2 M f

2

Cent. est. N/S 0%–0.2% 0%–0.7% 0%–0.3% 0%–2.4% 0%–0.1% 0%–0.1%
|Vz| N/S N/S N/S 0%–0.1% 0%–0.6% 0%–0.1% 0%–0.1%
Mag. field 0%–0.1% 0.1%–1% 0%–2.4% 0%–0.5% 0%–2% 0.4% 0.4%
Pileup N/S 0%–0.3% 0%–1.2% 0%–0.5% 0%–1.1% N/S N/S
# TPC cls. N/S N/S 0%–0.7% 0%–2% 0%–2% 0.7% 0.7%
Track type 0%–0.2% 0.5%–1.3% 1.1%–2.2% 0%–1.8% 0%–1.3% 0%–0.1% 0%–0.1%
|DCAz| N/S N/S N/S N/S N/S N/S N/S
|DCAxy| N/S 0%–1% N/S N/S 0%–1% 0%–0.1% 0%–0.1%
χ 2 TPC cls. 0%–0.1% 0%–0.3% 0%–3.1% 0%–0.8% 0%–0.5% 0.4% 0.4%
Nonflow 0%–0.6% 0.6%–1.7% 2%–3.4% 0.1%–2.3% 0%–5.9% 1.1% 1.1%

selection in centrality interval 0–10% (Pileup), where the
pileup events are expected to have the largest impact due to
large multiplicities in the TPC. The pileup selection variation
contribution to the systematic uncertainty ranges from negli-
gible to at most ∼1% for r3 and v4{2}/v4[2].

The quality of the reconstructed tracks is varied by chang-
ing the track type to include tracks without hits in the SPD
(track type) and by modifying the minimum number of TPC
space points required (# TPC cls.) from 70 to 80 and 90.
This variation yields up to a 2% systematic uncertainty in
the rn observables and less than 1% in the other observables.
Additionally, the requirement of maximum DCA in the lon-
gitudinal (z) direction (|DCAz|) is changed from 2 cm to 0.5
and 1 cm, and in the transverse (xy) direction (|DCAxy|) it
is changed from a pT-dependent selection (|DCAxy| � Nσ ×
(0.0015 + 0.005/p1.1

T )) corresponding to 7σ deviation from
the expected functional form to one corresponding to 4σ . Both
variations of the |DCAz| and the variation of |DCAxy| selec-
tion criteria yield negligible contributions to the systematic
uncertainty for most of the observables. The last variation
considered for the track quality is the χ2 per TPC cluster
(χ2 TPC cls.), which is tightened from 4 to 2.5 and yields
a systematic uncertainty of up to 3.1% for v4{2}/v4[2] but
less than half a percent for the other observables. To estimate
the systematic uncertainty associated with the nonflow sup-
pression in two-particle correlations (Non-flow), the analysis
is repeated with pseudorapidity gaps of |	η| < 0.6, 1.0, 1.2.
The consistency between results with different pseudorapid-
ity gaps suggests that short-range nonflow correlations are
suppressed. It is possible that remaining long-range nonflow
correlations such as those from momentum conservation and
di-jets could influence the results, even though an additional
Monte Carlo study with HIJING [69], a heavy-ion model that
does not contain collective effects, showed results for the cor-
relators in Eqs. (10) and (12) consistent with zero. Based on
the above studies, it is found that the remaining nonflow con-
tribution to the observables is less than ∼2% for the elliptic
flow observables. The systematic uncertainty is estimated for
each centrality interval separately (and additionally for each
pt

T range for the calculation of rn). The statistical significance
of the systematic uncertainty is evaluated with the Barlow
check introduced in Ref. [70]. Only systematic uncertainties

found to be statistically significant according to this check
are considered for the final systematic uncertainty. The total
systematic uncertainty is calculated as the quadratic sum of
the individual sources. Only the variation resulting in the
largest uncertainty is added to the total systematic uncertainty
for sources with more than one variation.

V. RESULTS

In this paper, precision measurements of the ratio
vn{2}/vn[2] are presented for n = 2, 3 and 4 in Pb–Pb colli-
sions at

√
sNN = 5.02 TeV. The results are compared with the

existing measurements at
√

sNN = 2.76 TeV. Figure 1 shows
the ratio v2{2}/v2[2] with |	η| > 0.8 as a function of pT

for various centrality intervals ranging from 0%–5% up to
40%–50%. For the most central collisions (0%–5%), the ratio
for n = 2 is consistent with unity up to pT ≈ 2 GeV/c. It starts
to deviate from unity as the pT increases with a significance
higher than 2σ , 3σ , and 5σ in the three bins above 2 GeV/c,
respectively. The ratio reaches a deviation of 15% from unity
at pT > 3 GeV/c. For centrality intervals larger than 20%, the
ratios are close to unity within 2% for the presented pT range.
This trend was already observed with measurements based
on ALICE data at

√
sNN = 2.76 GeV/c [46]. The data are

compared to several theoretical models. The iEBE-VISHNU
model is a (2+1)D event-by-event relativistic viscous hydro-
dynamic model coupled to a hadronic cascade model [72]. In
this paper, two sets of calculations with the iEBE-VISHNU
model are used: one with TRENTo [73] and one with AMPT
[74] initial conditions. The model calculations with TRENTo
initial conditions use a temperature-dependent specific shear
viscosity η/s(T ), while the calculations with AMPT initial
conditions use a η/s = 0.08. The input parameters of iEBE-
VISHNU are tuned according to [71]. The hydrodynamic
calculations are performed in a pT range up to 3 GeV/c, as
this is the region where hard processes are expected to take
over.

The theory curves describe quantitatively v2{2}/v2[2]
within the uncertainties for both sets of model calculations.
The large uncertainties of the hydrodynamic calculations are
due to limited number of produced Monte Carlo events.
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FIG. 1. The ratio v2{2}/v2[2] in Pb–Pb collisions at
√

sNN = 5.02 TeV (solid dark blue circles) and 2.76 TeV [46] (open light blue circles)
as a function of transverse momentum. The different panels display results in different centrality intervals. Statistical (systematic) uncertainties
are represented by solid bars (faded boxes). Predictions from the iEBE-VISHNU hydrodynamic model with TRENTo initial conditions and
temperature-dependent η/s(T ) [71], and with AMPT initial conditions and η/s = 0.08 [71], are shown in colored bands.

Higher-order anisotropic flow measurements were mea-
sured for the first time in Ref. [25] and were found to be
more sensitive to the initial conditions and properties of the
QGP [22]. The ratio v3{2}/v3[2] with |	η| > 0.8 is shown
in Fig. 2. It can be seen that the ratio agrees with unity in
the presented centrality and pT ranges, unlike v2{2}/v2[2],
as shown in Fig. 1. The agreement with unity suggests that
the triangular flow vector �V3 does not fluctuate strongly with
pT in the presented pT and centrality ranges. Previously pub-
lished measurements [46] have substantial uncertainties for
v3{2}/v3[2] and found no significant �V3 fluctuations. With
these results, the findings in Ref. [46] are confirmed with
substantially increased statistics, and it can be concluded
that there are no significant pT-dependent �V3 fluctuations
in Pb–Pb collisions at

√
sNN = 5.02 TeV within the current

experimental uncertainties. The hydrodynamic calculations
with the iEBE-VISHNU hydrodynamic models describe the
data. The models with TRENTo and AMPT initial conditions
show agreement with unity and the data. At small pT in central
collisions, the hydrodynamical calculations deviate slightly
from unity and overestimate the effect of the flow vector
fluctuations observed in the data.

The ratio v4{2}/v4[2] with |	η| > 0.8 shown in Fig. 3 is
consistent with unity within the uncertainties across all cen-
trality intervals. The previous measurements of v4{2}/v4[2]
[46] had large statistical uncertainties and showed no statis-
tically significant deviation from unity. The results presented
in this paper do not show any sign of significant fluctuations
of �V4 as a function of transverse momentum with signifi-
cantly smaller uncertainties compared to the measurements in
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FIG. 2. The ratio v3{2}/v3[2] for Pb–Pb collisions at
√

sNN = 5.02 TeV (solid dark red squares) and 2.76 TeV [46] (open light red squares)
as a function of transverse momentum. The different panels display results in different centrality intervals. Statistical (systematic) uncertainties
are represented by solid bars (faded boxes). Predictions from iEBE-VISHNU hydrodynamic model with TRENTo initial conditions and
temperature-dependent η/s(T ) [71], and with AMPT initial conditions and η/s = 0.08 [71], are shown in colored bands.
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FIG. 3. The ratio v4{2}/v4[2] for Pb–Pb collisions at
√

sNN = 5.02 TeV (solid dark cyan triangles) and 2.76 TeV [46] (open light cyan
triangles) as a function of transverse momentum. The different panels display results in different centrality intervals. Statistical (systematic)
uncertainties are represented by solid bars (faded boxes). Comparison with iEBE-VISHNU hydrodynamic model with TRENTo initial
conditions and temperature-dependent η/s(T ) [71], and with AMPT initial conditions and η/s = 0.08 [71], are shown in colored bands.

Ref. [46]. The hydrodynamic calculations are consistent with
unity for pT > 0.6 GeV/c but show a deviation from unity at
low pT inconsistent with the measured v4{2}/v4[2].

This paper also presents precision measurements of the fac-
torization ratios rn in Pb–Pb collisions at

√
sNN = 5.02 TeV

for n = 2 and 3, calculated according to Eq. (9). Figure 4
shows r2 with a pseudorapidity gap |	η| > 0.8 as a function
of pa

T in centrality intervals 0%–5%, 10%–20%, and 40%–
50% in various bins of pt

T. For all pt
T bins, it is observed

that the deviations from unity are largest in central colli-
sions, where the initial-state geometry fluctuations dominate,
and that the effect becomes more pronounced as the differ-
ence |pa

T − pt
T| increases. The largest deviations from unity

are observed in central collisions for 0.2 < pt
T < 0.6 GeV/c

with 3.0 < pa
T < 4.0 GeV/c (first row, left panel) and for

3.0 < pt
T < 4.0 GeV/c with 0.2 < pa

T < 0.6 GeV/c (last row,
left panel), since this is the momentum region where the
difference |pa

T − pt
T| is the largest. For 40%–50% centrality,

the deviation from unity is at most 3% across the different
pt

T ranges. The factorization is broken in central collisions,
which, in turn, implies the presence of pT-dependent flow
vector fluctuations as described in Ref. [45]. At a higher pt

T,
the deviations from unity become less pronounced since the
difference |pa

T − pt
T| reaches the largest value in the lowest

pt
T bin. Significant deviations of r2 from unity have been

measured at lower energy [46] and confirmed here in Pb–Pb
collisions at

√
sNN = 5.02 TeV. Compared with previous re-

sults, the precision of r2 is drastically improved, with the
deviations from unity being significant to more than 5σ at
3.0 < pa

T < 4.0 GeV/c across the presented centralities.
The centrality dependence of r2 is more clearly seen in

Fig. 5, where r2 is presented in the centrality intervals 0%–5%
to 40%–50% in the lowest pt

T bin of 0.2 < pt
T < 0.6 GeV/c.

The comparison with the hydrodynamic calculations from
iEBE-VISHNU with AMPT and TRENTo initial conditions
is presented. Both hydrodynamic calculations qualitatively
describe the trend of r2. However, they also underestimate the

deviations from unity at higher pT in central collisions. The
hydrodynamic model with AMPT initial conditions produces
a slightly larger deviation of r2 from unity at pT > 2.5 GeV/c
in central collisions than the one with TRENTo initial condi-
tions, while both provide a reasonable description of the data
in peripheral collisions.

Figure 6 shows r3 with |	η| > 0.8 as a function of pa
T

for different bins of pt
T, and in centrality intervals 0%–5%,

10%–20% and 40%–50%. Here, r3 is consistent with unity in
the presented centralities and pa

T range for all pt
T. The agree-

ment with unity over the presented centrality range suggests
no significant �V3 fluctuations independently of the centrality.
The lack of a centrality dependence agrees with the picture
that triangular flow is driven by initial-state fluctuations rather
than the average geometry. The factorization is also observed
to hold over the presented ranges of pa

T and pt
T, as opposed to

r2. The previous measurements [46] showed deviations from
unity at high pT in several bins of pt

T but without a large signif-
icance (less than 3σ ). It was noted that a possible breakdown
of the factorization would be within 10% when both pa

T and pt
T

are below 3 GeV/c. The precision measurements presented in
this paper lowers the possible breakdown of factorization of
the triangular flow, v3, down to 1% across the presented pT

and centrality ranges within a 95% confidence interval.
The measurements of the pT-dependent flow angle fluctu-

ations Af
2 are shown in Fig. 7 as a function of the transverse

momentum pT in centrality intervals 0%–5% to 40%–50%.
More than a 5σ significance is observed in all centralities
for the flow angle fluctuations at the highest pT values. A
deviation from unity of up to 23% is observed in the 5%
most central collisions for the highest pT value with a sig-
nificance of 13σ . The strength of the fluctuations decreases
towards more peripheral collisions to around 5% in 20%–
30% and 30%–40% and then slightly increases in 40%–50%
centrality up to 7%. These measurements provide evidence
of pT-dependent flow angle fluctuations. As the systematic
uncertainty accounts for any potential remaining nonflow
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a function of associated particle pa

T. The columns show the results in centrality intervals 0%–5%, 20%–30%, and 40%–50%, while the rows
show the results for different trigger particle pt

T intervals. Statistical (systematic) uncertainties are represented by solid bars (faded boxes).

0.85

0.9

0.95

1

1.05

1.1

2
r

0-5%
ALICE

 = 5.02 TeV Pb −Pb

0.5 1 1.5 2 2.5 3 3.5
)c (GeV/a

T
p

0.85

0.9

0.95

1

1.05

1.1

2
r

20-30%

c < 0.6 GeV/p0.2 < 

5-10%

TRENTo+iEBE-VISHNU

AMPT+iEBE-VISHNU

0.5 1 1.5 2 2.5 3 3.5
)c (GeV/a

T
p

30-40%

10-20%

0.5 1 1.5 2 2.5 3 3.5 4
)c (GeV/a

T
p

40-50%

FIG. 5. The factorization ratio r2 for Pb–Pb collisions at
√

sNN = 5.02 TeV (blue circles) as a function of pa
T for 0.2 < pt

T < 0.6 GeV/c.
The different panels display results in different centrality intervals. Statistical (systematic) uncertainties are represented by solid bars (faded
boxes). Predictions from iEBE-VISHNU hydrodynamic model with TRENTo initial conditions and temperature-dependent η/s(T ) [71], and
with AMPT initial conditions and η/s = 0.08 [71], are shown in colored bands.

065202-8



SYSTEMATIC STUDY OF FLOW VECTOR FLUCTUATIONS … PHYSICAL REVIEW C 109, 065202 (2024)

0.8

1

1.2

c < 0.6 GeV/t

T
p0.2 < 

ALICE 0-5%

0.8

1

1.2

c < 1.0 GeV/t

T
p0.6 < 

0-5%

0.8

1

1.2

c < 1.5 GeV/t

T
p1.0 < 

0-5%

3
r

0.8

1

1.2

c < 2.0 GeV/t

T
p1.5 < 

0-5%

0.8

1

1.2

c < 2.5 GeV/t

T
p2.0 < 

0-5%

0.8

1

1.2

c < 3.0 GeV/t

T
p2.5 < 

0-5%

0.5 1 1.5 2 2.5 3 3.5
)c (GeV/a

T
p

0.8

1

1.2

c < 4.0 GeV/t

T
p3.0 < 

0-5%

20-30%

 =  5.02 TeV
NN

sPb−Pb

 = 2.76 TeV
NN

sPb−Pb

20-30%

20-30%

20-30%

20-30%

20-30%

0.5 1 1.5 2 2.5 3 3.5
)c (GeV/a

T
p

20-30%

40-50%

40-50%

40-50%

40-50%

40-50%

40-50%

0.5 1 1.5 2 2.5 3 3.5 4
)c (GeV/a

T
p

40-50%

FIG. 6. The factorization ratio r3 in Pb–Pb collisions at
√

sNN = 5.02 TeV (solid dark red squares) and 2.76 TeV [46] (open light red
squares) as a function of pa

T. The columns show the results in centrality intervals 0%–5%, 20%–30%, and 40%–50%, while the rows show the
results for different trigger particle pt

T intervals. Statistical (systematic) uncertainties are represented by solid bars (faded boxes).

0.8

1

2f
A 0-5%ALICE

 = 5.02 TeVNNsPb−Pb

ALICE
AMPT

0.5 1 1.5 2 2.5 3 3.5
)c (GeV/

T
p

0.9

1

2f
A 20-30%

/s = 0.08ηAMPT+iEBE-VISHNU,

/s = 0.20ηAMPT+iEBE-VISHNU,

/s(T)ηTRENTo+iEBE-VISHNU,

5-10%

0.5 1 1.5 2 2.5 3 3.5
)c (GeV/

T
p

30-40%

c < 5 GeV/ref

T
p0.2 < 

10-20%

0.5 1 1.5 2 2.5 3 3.5 4
)c (GeV/

T
p

40-50%

FIG. 7. The flow angle fluctuations Af
2 in Pb–Pb collisions at

√
sNN = 5.02 TeV (blue circles) as a function of pT. The different panels

display results in different centrality intervals. Statistical (systematic) uncertainties are represented by solid bars (faded boxes). Predictions
from iEBE-VISHNU with AMPT initial conditions and η/s = 0.08, 0.20 and iEBE-VISHNU with TRENTo initial conditions and η/s(T ) [71]
as well as AMPT [74] are shown in colored bands.

065202-9



S. ACHARYA et al. PHYSICAL REVIEW C 109, 065202 (2024)

0.8

0.9

1

1.1

2f
M 0-5%ALICE

 = 5.02 TeVNNsPb−Pb

ALICE
AMPT

0.5 1 1.5 2 2.5 3 3.5
)c (GeV/

T
p

0.9

1

1.1

2f
M 20-30%

/s = 0.08ηAMPT+iEBE-VISHNU,

/s = 0.20ηAMPT+iEBE-VISHNU,

/s(T)ηTRENTo+iEBE-VISHNU,

5-10%

0.5 1 1.5 2 2.5 3 3.5
)c (GeV/

T
p

30-40%

c < 5 GeV/ref

T
p0.2 < 

10-20%

0.5 1 1.5 2 2.5 3 3.5 4
)c (GeV/

T
p

40-50%

FIG. 8. The flow magnitude fluctuations M f
2 in Pb–Pb collisions at

√
sNN = 5.02 TeV (red squares) as a function of pT. The different panels

display results in different centrality intervals. Statistical (systematic) uncertainties are represented by solid bars (faded boxes). Predictions
from iEBE-VISHNU with AMPT initial conditions and η/s = 0.08, 0.20 and iEBE-VISHNU with TRENTo initial conditions and η/s(T ) [71]
as well as AMPT [74] are shown in colored bands.

contributions, it is clear that they cannot explain the deviation
of Af

2 from unity. Large fluctuations in central collisions are
expected since the collisions are dominated by event-by-event
fluctuations in the position of the nucleons and of the quarks
and gluons within the nucleons. For the more peripheral
events, the pressure gradients due to the geometric anisotropy
of the overlap region between the colliding nuclei domi-
nate, decreasing the flow angle fluctuations. The comparison
with hydrodynamic calculations shows that iEBE-VISHNU
model underestimates the effects of the flow angle fluctu-
ations at pT > 2.5 GeV/c. The TRENTo +iEBE-VISHNU
with temperature-dependent shear viscosity to entropy den-
sity ratio η/s(T ) and AMPT+iEBE-VISHNU with η/s =
0.08 show around 5% (4%) deviation from unity with a
significance of 7σ (9σ ) in the 0%–5% central collisions
compared to AMPT+iEBE-VISHNU with η/s = 0.20, which
predicts around 2% deviation from unity with 2.7σ signifi-
cance. However, none of the hydrodynamic models succeeds
in quantitatively describing the large measured flow angle
fluctuations at high pT in the 0%–5% central collisions. The
AMPT transport model calculations quantitatively predict the
flow angle fluctuations in the 0%–5% most central collisions
and the 20%–30% and 40%–50% centrality intervals but over-
estimate the deviation in the other centrality intervals.

Figure 8 shows the measurements of Mf
2 as a function

of the transverse momentum pT in centrality intervals 0%–
5% to 40%–50%. Similarly to the flow angle fluctuations,
a significant deviation from unity is observed in the 0%–
5% most central collisions with values up to ∼12%. As the
centrality increases to 20%–30%, the flow magnitude fluctu-
ations become smaller. Towards more peripheral collisions,
Mf

2 becomes larger than unity. In two-particle correlations,
the values of ratios such as vn{2}/vn[2] and rn are strictly less
than unity due to the Cauchy-Schwarz inequality. However, by
construction, Mf

2 does not satisfy this inequality and so values
can exceed unity. The comparison with theoretical predictions
shows that iEBE-VISHNU with TRENTo initial conditions

and AMPT initial conditions underestimate the deviations in
the most central collisions. At higher centralities the model
calculations are consistent with the data and correctly de-
scribe the modestly increasing trend in the data in 30%–40%
and 40%–50% centrality intervals. The comparison of the
AMPT+iEBE-VISHNU hydrodynamic calculations with dif-
ferent η/s show some difference in the 5% most central
collisions. Such a dependence of Mf

2 on η/s in hydrodynamic
models was also seen in Ref. [56], while further AMPT model
calculations [75] suggest that Mf

2 is not very sensitive to the
value of η/s. This should be investigated with further model
studies. Pure AMPT calculations accurately describe the de-
viation from unity in the 0%–5% and 5%–10% most central
collisions but fail to reproduce the data at higher centralities.

In Fig. 9 the lower limit of the flow angle fluctuations
[see Eq. (11)], the upper limit of the flow magnitude fluc-
tuations [see Eq. (12)], and the flow vector fluctuations [see
Eq. (8)] are shown as a function of transverse momentum in
centrality intervals 0%–5% to 40%–50%. The figure shows
the limits of the single flow angle and first-moment flow
magnitude fluctuations, which are the factors of the total
flow vector fluctuations measured by vn{2}/vn[2]. While the
exact contribution of the single-angle flow angle fluctuations
and the first-moment flow magnitude fluctuations cannot be
established, information about the fluctuations can still be
inferred from the limits. The flow angle fluctuations contribute
at least ∼40% to the total flow vector fluctuations measured
with v2{2}/v2[2] in 0%–5% central collisions, and it also
contributes at higher centralities, where all the sources of
fluctuations decrease. This effect is consistent with the mea-
sured Af

2 and with what has been predicted by hydrodynamic
calculations [44]. At centralities above 30%, the first moments
of the flow magnitude fluctuations vanish, as the upper limit
of the flow magnitude fluctuations, denoted by the red squares
in Fig. 9, converges towards the lower limit of unity (with
unity implying no fluctuations). The disappearance of the flow
magnitude fluctuations indicates that above 30% centrality,
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red (blue) arrows denote the upper (lower) limits, and the statistical (systematic) uncertainties are represented by open (shaded) boxes.

the flow vector fluctuations are solely due to or dominated by
fluctuations of the flow angle. For Mf

2, i.e., the second-moment
flow magnitude fluctuations, this is not the case, as deviations
from unity, although small, are observed at all centralities.

VI. SUMMARY

Measurements of the pT-dependent flow vector fluctua-
tions in Pb–Pb collisions at

√
sNN = 5.02 TeV with the ratio

vn{2}/vn[2] up to n = 4, and the factorization ratio rn up to
n = 3 are presented. Deviations of both v2{2}/v2[2] and r2

from unity suggest the presence of pT-dependent �V2 fluctu-
ations. The pT-dependent fluctuations of �V2 reach ∼15% in
central collisions for v2{2}/v2[2] at high pT as well as for
r2 when |pa

T − pt
T| is large. The pT-dependent flow vector

fluctuations of �V3 and �V4 measured via vn{2}/vn[2] (n = 3, 4)
and rn (n = 3) are within a few percent. The vn{2}/vn[2]
and rn results are consistent with previous measurements in
Pb–Pb collisions at

√
sNN = 2.76 TeV [46,47] but offer signif-

icantly better precision. Comparison with the iEBE-VISHNU
hydrodynamic model shows that the model with AMPT initial
conditions and η/s = 0.08 [71] or TRENTo initial conditions
and temperature-dependent η/s(T ) describe flow vector fluc-
tuations well across the presented centrality ranges.

The contributions of flow angle and magnitude fluctuations
are separated from the overll flow vector fluctuations with the
proposed correlators Af

n and Mf
n in various centrality intervals

from 0%–50%. Fluctuations of the flow angle and magnitude
are observed at higher values of pT, with the largest fluctua-
tions observed in 0%–5% central collisions. This observation
is consistent with the flow vector fluctuations measured with
two-particle correlations, exhibiting the largest fluctuations
in central collisions. Comparison with hydrodynamic models
shows that the AMPT+iEBE-VISHNU with η/s = 0.08 and
TRENTo +iEBE-VISHNU produce slightly larger flow angle
fluctuations compared to the AMPT+iEBE-VISHNU with
η/s = 0.20 in the 0%–5% central collisions. Still, neither of
these models can describe the large flow angle fluctuations

observed in the data in this centrality interval. For the flow
magnitude fluctuations, the hydrodynamic model calculations
fail to describe the high-pT deviation from unity in the 0%–5%
central collisions. However, the AMPT+iEBE-VISHNU cal-
culation with η/s = 0.08 is closest in describing the data.
For noncentral collisions, the data are well described by the
hydrodynamic calculations.

The flow angle fluctuations dominate all the measured
centralities, although significant flow magnitude fluctuations
are present, especially in central collisions. The measurements
of the flow angle and flow magnitude fluctuations offer an
improved understanding of the flow vector fluctuations. They
can be used to constrain the initial conditions and transport
coefficients of the QGP. Additionally, these measurements
suggest that fluctuations of the flow angle are a feature of
the system created in heavy-ion collisions and should be in-
corporated into nonhydrodynamical theoretical models used
for comparison with high-pT flow measurements, where such
fluctuations are expected to be more pronounced.

ACKNOWLEDGMENTS

The ALICE Collaboration would like to thank all its en-
gineers and technicians for their invaluable contributions to
the construction of the experiment and the CERN accelerator
teams for the outstanding performance of the LHC complex.
The ALICE Collaboration gratefully acknowledges the re-
sources and support provided by all Grid Centers and the
Worldwide LHC Computing Grid (WLCG) Collaboration.
The ALICE Collaboration acknowledges the following fund-
ing agencies for their support in building and running the
ALICE detector: A. I. Alikhanyan National Science Labo-
ratory (Yerevan Physics Institute) Foundation (ANSL), State
Committee of Science and World Federation of Scientists
(WFS), Armenia; Austrian Academy of Sciences, Austrian
Science Fund (FWF): [M 2467-N36], and Nationalstiftung für
Forschung, Technologie und Entwicklung, Austria; Ministry
of Communications and High Technologies, National Nuclear

065202-11



S. ACHARYA et al. PHYSICAL REVIEW C 109, 065202 (2024)

Research Center, Azerbaijan; Conselho Nacional de Desen-
volvimento Científico e Tecnológico (CNPq), Financiadora de
Estudos e Projetos (Finep), Fundação de Amparo à Pesquisa
do Estado de São Paulo (FAPESP), and Universidade Federal
do Rio Grande do Sul (UFRGS), Brazil; Bulgarian Min-
istry of Education and Science, within the National Roadmap
for Research Infrastructures 2020–2027 (object CERN), Bul-
garia; Ministry of Education of China (MOEC), Ministry of
Science & Technology of China (MSTC), and National Nat-
ural Science Foundation of China (NSFC), China; Ministry
of Science and Education and Croatian Science Foundation,
Croatia; Centro de Aplicaciones Tecnológicas y Desarrollo
Nuclear (CEADEN), Cubaenergía, Cuba; Ministry of Ed-
ucation, Youth and Sports of the Czech Republic, Czech
Republic; the Danish Council for Independent Research | Nat-
ural Sciences, the VILLUM FONDEN and Danish National
Research Foundation (DNRF), Denmark; Helsinki Institute
of Physics (HIP), Finland; Commissariat à l’Energie Atom-
ique (CEA) and Institut National de Physique Nucléaire et de
Physique des Particules (IN2P3) and Centre National de la
Recherche Scientifique (CNRS), France; Bundesministerium
für Bildung und Forschung (BMBF) and GSI Helmholtzzen-
trum für Schwerionenforschung GmbH, Germany; General
Secretariat for Research and Technology, Ministry of Edu-
cation, Research and Religions, Greece; National Research,
Development and Innovation Office, Hungary; Department
of Atomic Energy Government of India (DAE), Department
of Science and Technology, Government of India (DST),
University Grants Commission, Government of India (UGC),
and Council of Scientific and Industrial Research (CSIR),
India; National Research and Innovation Agency – BRIN,
Indonesia; Istituto Nazionale di Fisica Nucleare (INFN), Italy;
Japanese Ministry of Education, Culture, Sports, Science
and Technology (MEXT) and Japan Society for the Promo-
tion of Science (JSPS) KAKENHI, Japan; Consejo Nacional
de Ciencia (CONACYT) y Tecnología, through Fondo de

Cooperación Internacional en Ciencia y Tecnología (FON-
CICYT) and Dirección General de Asuntos del Personal
Academico (DGAPA), Mexico; Nederlandse Organisatie voor
Wetenschappelijk Onderzoek (NWO), Netherlands; Research
Council of Norway, Norway; Pontificia Universidad Católica
del Perú, Peru; Ministry of Education and Science, Na-
tional Science Centre and WUT ID-UB, Poland; Korea
Institute of Science and Technology Information and Na-
tional Research Foundation of Korea (NRF), Republic of
Korea; Ministry of Education and Scientific Research, Insti-
tute of Atomic Physics, Ministry of Research and Innovation
and Institute of Atomic Physics and Universitatea Nation-
ala de Stiinta si Tehnologie Politehnica Bucuresti, Romania;
Ministry of Education, Science, Research and Sport of the
Slovak Republic, Slovakia; National Research Foundation of
South Africa, South Africa; Swedish Research Council (VR)
and Knut & Alice Wallenberg Foundation (KAW), Sweden;
European Organization for Nuclear Research, Switzerland;
Suranaree University of Technology (SUT), National Sci-
ence and Technology Development Agency (NSTDA), and
National Science, Research and Innovation Fund (NSRF via
PMU-B B05F650021), Thailand; Turkish Energy, Nuclear
and Mineral Research Agency (TENMAK), Turkey; National
Academy of Sciences of Ukraine, Ukraine; Science and Tech-
nology Facilities Council (STFC), United Kingdom; National
Science Foundation of the United States of America (NSF)
and United States Department of Energy, Office of Nuclear
Physics (DOE NP), United States of America. In addition,
individual groups or members have received support from
the Czech Science Foundation (Grant No. 23-07499S), Czech
Republic; European Research Council (Grant No. 950692),
European Union; ICSC – Centro Nazionale di Ricerca in High
Performance Computing, Big Data, and Quantum Comput-
ing, European Union – NextGenerationEU; and Academy of
Finland (Center of Excellence in Quark Matter) (Grants No.
346327 and No. 346328), Finland.

[1] E. V. Shuryak, Quark-gluon plasma and hadronic production of
leptons, photons and psions, Phys. Lett. B 78, 150 (1978).

[2] E. V. Shuryak, Quantum chromodynamics and the theory of
superdense matter, Phys. Rep. 61, 71 (1980).

[3] ALICE Collaboration, The ALICE experiment – A journey
through QCD, arXiv:2211.04384.

[4] K. Adcox et al. (PHENIX Collaboration), Formation of dense
partonic matter in relativistic nucleus-nucleus collisions at
RHIC: Experimental evaluation by the PHENIX Collaboration,
Nucl. Phys. A 757, 184 (2005).

[5] I. Arsene et al. (BRAHMS Collaboration), Quark gluon plasma
and color glass condensate at RHIC? The Perspective from the
BRAHMS experiment, Nucl. Phys. A 757, 1 (2005).

[6] B. B. Back et al., The PHOBOS perspective on discoveries at
RHIC, Nucl. Phys. A 757, 28 (2005).

[7] J. Adams, Jr. et al. (STAR Collaboration), Experimental
and theoretical challenges in the search for the quark gluon
plasma: The STAR Collaboration’s critical assessment of the

evidence from RHIC collisions, Nucl. Phys. A 757, 102
(2005).

[8] C. Gale, S. Jeon, and B. Schenke, Hydrodynamic modeling of
heavy-ion collisions, Int. J. Mod. Phys. A 28, 1340011 (2013).

[9] U. Heinz and R. Snellings, Collective flow and viscosity in
relativistic heavy-ion collisions, Annu. Rev. Nucl. Part. Sci. 63,
123 (2013).

[10] J.-Y. Ollitrault, Anisotropy as a signature of transverse collec-
tive flow, Phys. Rev. D 46, 229 (1992).

[11] S. S. Adler et al. (PHENIX Collaboration), Elliptic flow of
identified hadrons in Au+Au collisions at

√
sNN = 200 GeV,

Phys. Rev. Lett. 91, 182301 (2003).
[12] J. Adams et al. (STAR Collaboration), Particle type dependence

of azimuthal anisotropy and nuclear modification of particle
production in Au + Au collisions at

√
sNN = 200 GeV, Phys.

Rev. Lett. 92, 052302 (2004).
[13] J. Adams et al. (STAR Collaboration), Azimuthal anisotropy

at the relativistic heavy ion collider: The first and fourth

065202-12



SYSTEMATIC STUDY OF FLOW VECTOR FLUCTUATIONS … PHYSICAL REVIEW C 109, 065202 (2024)

harmonics, Phys. Rev. Lett. 92, 062301 (2004); 127, 069901(E)
(2021).

[14] K. Aamodt et al. (ALICE Collaboration), Elliptic flow of
charged particles in Pb–Pb collisions at 2.76 TeV, Phys. Rev.
Lett. 105, 252302 (2010).

[15] G. Aad et al. (ATLAS Collaboration), Measurement of the pseu-
dorapidity and transverse momentum dependence of the elliptic
flow of charged particles in lead-lead collisions at

√
sNN = 2.76

TeV with the ATLAS detector, Phys. Lett. B 707, 330 (2012).
[16] S. Chatrchyan et al. (CMS Collaboration), Measurement of the

elliptic anisotropy of charged particles produced in PbPb colli-
sions at

√
sNN = 2.76 TeV, Phys. Rev. C 87, 014902 (2013).

[17] S. Voloshin and Y. Zhang, Flow study in relativistic nuclear col-
lisions by Fourier expansion of azimuthal particle distributions,
Z. Phys. C 70, 665 (1996).

[18] H. Niemi, G. S. Denicol, H. Holopainen, and P. Huovinen,
Event-by-event distributions of azimuthal asymmetries in ul-
trarelativistic heavy-ion collisions, Phys. Rev. C 87, 054901
(2013).

[19] B. Alver and G. Roland, Collision geometry fluctuations and
triangular flow in heavy-ion collisions, Phys. Rev. C 81, 054905
(2010); 82, 039903(E) (2010).

[20] S. A. Voloshin, A. M. Poskanzer, A. Tang, and G. Wang, Elliptic
flow in the Gaussian model of eccentricity fluctuations, Phys.
Lett. B 659, 537 (2008).

[21] B. Alver et al. (PHOBOS Collaboration), System size, energy,
pseudorapidity, and centrality dependence of elliptic flow, Phys.
Rev. Lett. 98, 242302 (2007).

[22] B. H. Alver, C. Gombeaud, M. Luzum, and J.-Y. Ollitrault,
Triangular flow in hydrodynamics and transport theory, Phys.
Rev. C 82, 034913 (2010).

[23] D. Teaney and L. Yan, Triangularity and Dipole Asymmetry in
Heavy Ion Collisions, Phys. Rev. C 83, 064904 (2011).

[24] M. Luzum, Collective flow and long-range correlations in
relativistic heavy ion collisions, Phys. Lett. B 696, 499
(2011).

[25] K. Aamodt et al. (ALICE Collaboration), Higher harmonic
anisotropic flow measurements of charged particles in Pb–Pb
collisions at

√
sNN = 2.76 TeV, Phys. Rev. Lett. 107, 032301

(2011).
[26] B. Abelev III et al. (ALICE Collaboration), Elliptic flow of

identified hadrons in Pb–Pb collisions at
√

sNN = 2.76 TeV,
J. High Energy Phys. 06 (2015) 190.

[27] J. Adam et al. (ALICE Collaboration), Anisotropic flow of
charged particles in Pb–Pb collisions at

√
sNN = 5.02 TeV,

Phys. Rev. Lett. 116, 132302 (2016).
[28] S. Acharya et al. (ALICE Collaboration), Linear and non-linear

flow modes in Pb–Pb collisions at
√

sNN = 2.76 TeV, Phys.
Lett. B 773, 68 (2017).

[29] G. Aad et al. (ATLAS Collaboration), Measurement of the
azimuthal anisotropy for charged particle production in

√
sNN =

2.76 TeV lead-lead collisions with the ATLAS detector, Phys.
Rev. C 86, 014907 (2012).

[30] G. Aad et al. (ATLAS Collaboration), Measurement of the
distributions of event-by-event flow harmonics in lead-lead col-
lisions at

√
sNN = 2.76 TeV with the ATLAS detector at the

LHC, J. High Energy Phys. 11 (2013) 183.
[31] S. Chatrchyan Jr. et al. (CMS Collaboration), Centrality de-

pendence of dihadron correlations and azimuthal anisotropy
harmonics in PbPb collisions at

√
sNN = 2.76 TeV, Eur. Phys.

J. C 72, 2012 (2012).

[32] S. Chatrchyan et al. (CMS Collaboration), Azimuthal
anisotropy of charged particles at high transverse momenta in
PbPb collisions at

√
sNN = 2.76 TeV, Phys. Rev. Lett. 109,

022301 (2012).
[33] M. Luzum and J.-Y. Ollitrault, Extracting the shear viscosity

of the quark-gluon plasma from flow in ultra-central heavy-ion
collisions, Nucl. Phys. A 904-905, 377c (2013).

[34] C. Gale, S. Jeon, B. Schenke, P. Tribedy, and R. Venugopalan,
Event-by-event anisotropic flow in heavy-ion collisions from
combined Yang-Mills and viscous fluid dynamics, Phys. Rev.
Lett. 110, 012302 (2013).

[35] Z. Qiu and U. Heinz, Hydrodynamic event-plane correlations in
Pb+Pb collisions at

√
s = 2.76 ATeV, Phys. Lett. B 717, 261

(2012).
[36] D. Teaney and L. Yan, Event-plane correlations and hydrody-

namic simulations of heavy ion collisions, Phys. Rev. C 90,
024902 (2014).

[37] J. E. Bernhard, J. S. Moreland, and S. A. Bass, Bayesian esti-
mation of the specific shear and bulk viscosity of quark–gluon
plasma, Nat. Phys. 15, 1113 (2019).

[38] D. Everett et al. (JETSCAPE Collaboration), Multisystem
Bayesian constraints on the transport coefficients of QCD mat-
ter, Phys. Rev. C 103, 054904 (2021).

[39] G. Nijs, W. van der Schee, U. Gürsoy, and R. Snellings,
Bayesian analysis of heavy ion collisions with the heavy ion
computational framework Trajectum, Phys. Rev. C 103, 054909
(2021).

[40] V. Khachatryan, Jr. et al. (CMS Collaboration), Observation
of long-range near-side angular correlations in proton-proton
collisions at the LHC, J. High Energy Phys. 09 (2010) 091.

[41] K. Aamodt et al. (ALICE Collaboration), Harmonic decompo-
sition of two-particle angular correlations in Pb–Pb collisions at√

sNN = 2.76 TeV, Phys. Lett. B 708, 249 (2012).
[42] S. Chatrchyan, Jr. et al. (CMS Collaboration), Long-range and

short-range dihadron angular correlations in central PbPb colli-
sions at a nucleon-nucleon center of mass energy of 2.76 TeV,
J. High Energy Phys. 07 (2011) 076.

[43] B. Abelev et al. (ALICE Collaboration), Long-range angular
correlations on the near and away side in p-Pb collisions at√

sNN = 5.02 TeV, Phys. Lett. B 719, 29 (2013).
[44] U. Heinz, Z. Qiu, and C. Shen, Fluctuating flow angles and an-

isotropic flow measurements, Phys. Rev. C 87, 034913 (2013).
[45] F. G. Gardim, F. Grassi, M. Luzum, and J.-Y. Ollitrault,

Breaking of factorization of two-particle correlations in hydro-
dynamics, Phys. Rev. C 87, 031901(R) (2013).

[46] S. Acharya et al. (ALICE Collaboration), Searches for trans-
verse momentum dependent flow vector fluctuations in Pb–Pb
and p-Pb collisions at the LHC, J. High Energy Phys. 09 (2017)
032.

[47] V. Khachatryan et al. (CMS Collaboration), Evidence for trans-
verse momentum and pseudorapidity dependent event plane
fluctuations in PbPb and pPb collisions, Phys. Rev. C 92,
034911 (2015).

[48] R. S. Bhalerao, J.-Y. Ollitrault, S. Pal, and D. Teaney, Principal
component analysis of event-by-event fluctuations, Phys. Rev.
Lett. 114, 152301 (2015).

[49] A. Mazeliauskas and D. Teaney, Subleading harmonic flows in
hydrodynamic simulations of heavy ion collisions, Phys. Rev.
C 91, 044902 (2015).

[50] A. Mazeliauskas and D. Teaney, Fluctuations of
harmonic and radial flow in heavy ion collisions

065202-13



S. ACHARYA et al. PHYSICAL REVIEW C 109, 065202 (2024)

with principal components, Phys. Rev. C 93, 024913
(2016).

[51] J. Milosevic, P. Cirkovic, D. Devetak, M. Dordevic, and M.
Stojanovic, Sub-leading flow modes in PbPb collisions at√

sNN = 2.76 TeV from HYDJET++ model, EPJ Web Conf.
182, 02086 (2018).
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